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Abstract: Equipping manipulators on a mobile robot to actively influence its surroundings has been
extensively used in many ground robots,underwater robots and space robots systems. However, it is
difficult to make such re-design in a Rotor Flying Robot (RFR). This is mainly because 1)the equipped
manipulator will bring heavy coupling between it and the RFR system, which makes the whole system
model highly complicated and makes the central controller design impossible. 2)the movement of the
manipulator will introduce a great deal time-varying disturbance to the RFR system, which makes
distributed control design also challenging. Thus, in this paper, utilizing the Euler-Lagrange equation,
the highly accurate dynamics model of a combined system, called Rotor-Flying Multi-Joint Manipulator
(RF-MJM), is constructed and its complexity is analyzed and presented. Then, a linearized full-state
feedback Linear Quadratic Regulator (LQR)controller is designed for the aircraft to hover near a trim
point. Finally, simulations using MATLAB are conducted and the results are analyzed to show the basic
control performance of the LQR controller.

Keywords: manipulator,Rotor Flying Robot,trim point, Linearization, Euler-Lagrange equation .

1. INTRODUCTION

Rotor Flying Robot (RFR), a special kind of unmanned aerial
vehicle (UAV), has been researched for several decades and
achieved great development. To date, RFRs have been applied
in many kinds of fields, such as search , rescue and surveillance,
etc. (Valavanis (2007), Birk et al. (2011), Bolkcom (2004), Cai
et al. (2010), Puri (2005)).
However, most of existing RFR systems cannot be used to
implement the so called active task, i.e., manipulate objects
of interest. These abilities are sometimes required, e.g., for the
precise delivery of escape tools in a fire.
Recently, this problem has attained much attention from re-
searchers. In (Mellinger et al. (2013),Bernard and Kondak
(2009),Pounds et al. (2011)) different kinds of grippers are
equipped the RFR system to make the latter be able to manipu-
late the extend objects. These above researches show the basic
feasibility of the new idea.
The aforementioned achievements show that most the existing
rotor flying manipulator systems equip only claw with small
mass compared to the RFR itself, so that the influence of the
claw on RFR is ignorable and the flying performance can be
ensured. Unfortunately, this kind of infrastructure has several
obvious disadvantages: 1)The manipulator space is very limited
because the manipulator can only be moved through movability
of the RFR system. This results in another disadvantage 2)
the control performance is difficult to be ensured and precise
manipulation is impossible. This is mainly because the precise
control of the RFR system is impossible due to the complicated
and uncertain aerodynamics, especially when RFR is close to
the objects.

⋆ This work was supported by the National Natural Science Foundation of
China (61305120 ).

Thus , in this paper, a new system is proposed to overcome the
above disadvantages. The system is depicted in Fig.1, and is
called Rotor -Flying Multi-Joint Manipulator(RF-MJM). This
system is composed of an RFR system and a multi-joint ma-
nipulator. Its main features are the multiple joints of the manip-
ulator which can be used to regulate the position and attitude
of the end-gripper, this is useful to compensate the imprecise
control of the RFR system. However, some problems are also
introduced accompanied by the above advantage. For example,
the structure of the whole RF-MJM system is of great complex-
ity, which will result in high nonlinearities and thus introduce
more difficulties into the controller design.
To deal with this problem, the dynamics model of the RF-MJM
system is constructed and analyzed in this paper to verify some
basic performances. Also, a linear-quadratic regulator (LQR)
controller is designed to test the basic closed loop performance.

Fig. 1. the RF-MJM system with 3-DOF arm

The paper is organized as follows .Section2 derives the kine-
matics and dynamics model of RF-MJM. In Section3, we lin-
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earize the dynamic model near a trim point and design a full
state feedback LQR controller. In Section4, two simulations
are conducted to test the control performance of the RF-MJM
system .Finally ,conclusions are drawn in Section5.

2. SYSTEM MODELING

2.1 System Description

Considering a RF-MJM system as shown in Fig.1. It is consti-
tuted of two subsystems: RFR and a n-DOF link rigid robotic
manipulator. Each link of the manipulator is torque-driven by
a DC servo motor. To model the RF-MJM system, we have
the following assumptions:(a) the whole RFR is a rigid body.
(b) Every link between two joints is rigid. Under these as-
sumptions, the RF-MJM system can be modeled as a multi-
link system illustrated in Fig.2 and its dynamical model can be
derived using the Euler-Lagrange formulation. Some symbols

Fig. 2. a general model of RF-MJM having a n DOF(degrees of
freedom) manipulator

and variables are defined as follows:
∑ I : Earth-fixed inertial frame
∑ 0 : Body-fixed reference frame
∑ E : End-effector frame
∑ k : Frame of the k-th joint of manipulator, k=1,...,n
Ck : Position vector of the center of mass (COM) of link k,

k=0,1,...,n
Jk : Joint between the link k-1 and k of the manipulator,

k=1,...,n
ak : Vector from Jk to Ck ,k=1,2,...,n-1
b0 : Vector from centroid of rotor flying robot to the first joint
bk : Link vector from Ck to Jk+1,k=1,2,...,n-1
mk : Mass of link k(k=0,1,...,n).
Ik : Inertia tensor of link k with respect to its mass center,

k=0,1,...,n
Θ = [θ1,θ2, ...,θn]

T ∈ Rn×1joint angular position vector
d0 : Position vector of the RFR
di : Position vector of the COM of link i,i=1,2,...,n
dg : Position vector of the COM of the RF-MJM
xb : Pose vector of the RFR
xe : Pose vector of the end-effector
de : Position vector of the end-effector
pk : Position vector of Jk
v0 : Linear velocity of the RFR
vk : Linear velocity of the COM of the link k
ve : Linear velocity of the end-effector
ω0 : Angular velocity of the RFR in the inertial frame
ωk : Angular velocity of the link k in the inertial frame

ωe : Angular velocity of the end-effector
ϖ : The total mass of rotor flying robot and manipulator
kk : Unit vector of z axis of link i in the i-th coordinate system
RI

i : Coordinate transformation matrix from the frame of link i
to Earth-fixed inertial frame

Ci,i : the position vector from joint i to the COM of link i in the
i-th joint coordinate system.

∗ The following vectors are in the inertial frame unless spe-
cially indicated.

2.2 kinematic equation of RF-MJM

The position vector of each link can be denoted as

di = d0 +b0 +
i−1

∑
k=1

(ak +bk)+ai (1)

differentiate it with respect to time,we have

vi = ḋi = v0 +ω0 × (di −d0)+
i

∑
k=1

{kk × (di − pk)} θ̇k (2)

the angular velocity of each link can be described as

ωi = ω0 +
i

∑
k=1

kkθ̇k (3)

combining (2)and (3),we have

[ vi ωi ]
T
= J̄bi[ v0 ω0 ]

T
+ J̄miΘ̇ (4)

where J̄bi is Jacobian Matrix of the rotor flying robot

J̄bi =

(
E −d̃0i
0 E

)
=

[
J̄bvi
J̄bωi

]
, d0i = di −d0 (5)

J̄bvi , J̄bωi in (5) are a block matrix of J̄bi , E is the unity matrix,
d0i is as follows,

d0i = [ dx dy dz ]
T

,then d̃0i is the 3 x 3 skew-symmetric matrix. Jmi is defined as

J̄mi =

[
k1 × (pi+1 − p1) · · · kn × (pi+1 − pn)

k1 · · · kn

]
=

[
J̄mvi
J̄mωi

]
(6)

ki is the unit vector of axis Zi in the joint frame. v0 is defined
as,

v0 =

[ cθcφ sϕsθcφ − cϕsφ cϕsθcφ + sϕsφ
cθsφ cϕcφ + sθsϕsφ cϕsθsφ − sϕcφ
−sθ sϕcθ cϕcθ

][ u
v
w

]
(7)

where c means cos, s means sin. ϕ , θ , ψ represent the atti-
tude of the RFR (roll, pitch, yaw), respectively. u,v,w are the
components of the linear velocity along the axes of the body-
fixed reference frame, v0 is the linear velocity of the RFR.The
relation between the angular velocity in Earth Frame and Body
Frame is as follows.

ω0 =

[ 1 sinϕ tanθ cosϕ tanθ
0 cosϕ −sinϕ
0 sinϕ secθ cosϕ secθ

][ p
q
r

]
(8)

where p,q,r are the components of the angular velocity along
the axes of the body-fixed reference frame.

2.3 Dynamic Model

A. Kinetic Energy of RF-MJM
Define a generalized velocity of the whole system as q̇ =
[v0,ω0,Θ̇](Yoshida and Umetani (1993)). So the kinetic energy
of the system can be denoted as

EK =
1
2

n

∑
i=0

(ωT
i Iiωi +mivT

i vi) (9)

where the first term is kinetic energy due to angular velocity,
the second term is kinetic energy due to linear velocity, then
substituting (2) and (3) into (9),we have
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Ek =
1
2

 v0
ω0
Θ̇

T  ϖE ϖ d̃T
0g JT ω

ϖ d̃0g Hω Hωϕ
JT

T ω HT
ωϕ Hm

 v0
ω0
Θ̇

 (10)

where H is the inertia matrix of RF-MJM.

Hm =
n

∑
i=1

(JT
RiIiJRi +miJT

TiJTi) ∈ Rn×n

JRi = [k1,k2, · · · ,ki,0, · · · ,0] ∈ R3×n

JTi = [k1 × (p2 − p1), · · · ,ki × (di − pi),0, · · · ,0] ∈ R3×n

JT ω =
n

∑
i=1

(miJTi) ∈ R3×n

Hω =
n

∑
i=1

(Ii +mid̃T
0id̃0i)+ I0 ∈ R3×n

Hωϕ =
n

∑
i=1

(IiJRi +mid̃0iJTi) ∈ R3×n

d0g = dg −d0,dg =
n

∑
i=0

midi/
n

∑
i=0

mi

where I0 is the inertia tensor of the rotor flying robot.

B. Potential Energy of RF-MJM

From (1),position vector of centroid of rigid body systems is
rewritten as follows,

di = d0 +
i

∑
j=1

(IA j−1 ∗C j−1, j − IA j ∗C j, j) (11)

thus, the potential energy of the system due to gravity is as
follows,

Ep =−
n

∑
i=0

migT

[
d0 +

i

∑
j=1

(IA j−1 ∗C j−1, j − IA j ∗C j, j)

]
(12)

Ci,i =

{
[ 0 0 0 ]

T
, i = 0

[−li 0 0 ]
T
, i ̸= 0

(13)

Ci−1,i =

{
[ 0 0 −L0 ]

T
, i = 1

[ Li 0 0 ]
T
, i > 1

(14)

where IA0 represents coordinate transformation matrix from the
body-fixed reference frame to Earth-fixed inertial frame and
IAi denotes i-th joint coordinate to Earth-fixed inertial frame
. li is the length from joint i to the COM of link i in the i-th joint
coordinate system. Li is the length from the COM of link i to
the joint i+1 in the i-th joint coordinate system.

C. Dynamic Equation of RF-MJM

The Euler-Lagrangian equation of RF-MJM is
L = EK −Ep (15)

thus,the dynamic model of the system can be obtained by
d
dt
(

∂L
∂ q̇

)− ∂L
∂q

= τ (16)

where q = [X ,Φ,Θ], q̇ = [v0,ω0,Θ̇], X ,Φ are position and
RPY(roll,pitch,yaw) angle of rotor flying robot, Θ are angles
of joints of the manipulator, τ is the external force and moment
vectors. (16) can also be expressed as the following,[

Hb Hbm
HT

bm Hm

][
ẍb
Θ̈

]
+

[
Cb
Cm

]
+

[
Gb
Gm

]
=

[
FP
τm

]
(17)

where ẍb =
[

v̇T
0 ω̇T

0
]T , v̇0, ω̇0 are the linear acceleration and

angular acceleration of the rotor flying robot,respectively; Θ̈ is

the joint angular acceleration of the manipulator; Cb, Cm are
Coriolis and centrifugal force and manipulator, respectively; Gb,
Gm are potential energy items of rotor flying robot and manip-
ulator, respectively. τm is the torques of each servomotor of the
manipulator.

FP =

[
FB
MB

]
, FB =

[ X
Y
Z

]
, MB =

[ L
M
N

]
, Cb =

[
Cbv
Cbω

]
Gb =

[
Gbv
Gbω

]
, Hb =

[
Hb11 Hb12
Hb21 Hb22

]
2×2

, Hbm =

[
Hbmv
Hbmω

]
2×1

where Hb11 = ϖE,Hb12 =
1
2 ϖ d̃og +

1
2 ϖ d̃T

og

Hb21 =
1
2 ϖ d̃T

og +
1
2 ϖ d̃og , Hb22 = Hω

Hbmv =
1
2 JT

T ω + 1
2 JT ω ,Hbmω = 1

2 HT
ωϕ +

1
2 Hωϕ

Cbv =
1
2 ω0

T ϖ˙̃dog +
1
2 ϖ˙̃dT

ogω0 +
1
2 Θ̇T J̇T

T ω + 1
2 J̇T ω Θ̇

Cbω =
1
2

ϖ˙̃dogv0 +
1
2

v0
T ϖ˙̃dT

og + Ḣω ω0 +
1
2

Θ̇T ḢT
ωϕ

+
1
2

Ḣωϕ Θ̇

Cm = 1
2 J̇T

T ω v0 +
1
2 vT

0 J̇T ω + 1
2 ḢT

ωϕ ω0 +
1
2 ωT

0 Ḣωϕ + ḢmΘ̇

Gbv =
∂Ep
∂X , Gbω =

∂Ep
∂Φ , Gm =

∂Ep
∂Θ

For an RFR,it is well known that Cbv = 0 ,Cbw = 1
2Cω4ω0 (Shim

(2000),Bramwell et al. (2001)).Thus ,compared to the RFR,the
proposed RF-MJM system will have to face the following diffi-
culties.
1)Due to the appearance of some new terms, such as Cbv, the
system clearly presents a more complex structure, which makes
some existing control algorithm that is fit for RFR system
cannot be used directly. For example in reference(He and Han
(2010)), a RFR is proved to be approximate feedback lineariza-
tion since the coupling between rolling(pitching)moments and
lateral(longitudinal)acceleration is relatively small. However,
for the RF-MJM system, the similar term is enlarged greatly
because of the coupling between the RFR and the manipulator.
Thus, even approximate feedback linearization is not possible.
2)Since the mass and size of the manipulator cannot be ignored
with respect to the RFR system, the motion of the manipula-
tor will inevitably influence the motion of the RFR system.
This can be seen clearly in simulation result in the following
sections,which shows that the whole system presents heavy
nonlinearities and the controller design is challenging.

D. Extended Model

When the manipulator contact with external objects , the dy-
namics model becomes[

Hb Hbm
HT

bm Hm

][
ẍb
Θ̈

]
+

[
Cb
Cm

]
+

[
Gb
Gm

]
=

[
FP
τm

]
+

[
JT

b
JT

m

]
Fe (18)

where Fe is the force and torque exerted on the end of the
manipulator, Jb is the Jacobian matrix defined as,

Jb =

(
E −p̃0i
0 E

)
=

[
Jbv
Jbω

]
, p0i = pi −d0

where Jbv and Jbω are block matrix of Jb ,representing the linear
and angular velocities ,respectively. Jm is defined as
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Jm =

[
k1 × (pe − p1) · · · kn × (pe − pn)

k1 · · · kn

]
=

[
Jmv
Jmω

]
furthermore , if considering the aerodynamics of rotor flying
robot and ignoring the effect of aerodynamics on manipulator,
we can get the general force and moment of the RFR and
express them by the following mathematical equations(He and
Han (2010)).

X =−TM sina1s,Y = TM sinb1s

Z =−TM cosa1s cosb1s

L = SL1b1s +SL2QM

M = SM1a1s +SM2TM +SM3QT

N = SN1QM +SN2TT

where TM and TT are the forces exerted on the main rotor and
tail rotor, a1s and b1s stand for the longitudinal and lateral flap-
ping angle of main rotor, respectively; the forces TM and TT and
the moments QM and QT can be calculated as(Shim (2000)).
Thus ,we have

FP = [ X Y Z L M N ]
T

putting it into the (17), we can obtain the complete dynamic
equation of the RF-MJM, which is used in the following simu-
lations.

3. LINEARIZATION AND LQR CONTROLLER

In this section, we first search the trim point of the RF-MJM
system with one joint in steady state, and then lineariz the
nonlinear model near the trim point to obtain a linear model.
Finally, a LQR controller is designed.

3.1 trim point of RF-MJM system and linear of the system

A trim point (point of equilibrium) is a point at which the
system is steady. Mathematically, a trim point is a point in state
space of a dynamic system where the system’s state derivatives
equal zero. Here in this paper, the steady state is considered as[

u̇ v̇ ẇ ṗ q̇ ṙ θ̈1
]T

= 07×1

and p = 0,q = 0,r = 0, θ̇1 = 0. Under these assumptions the
Coriolis force and acceleration in the motion equation of RF-
MJM system are zero.
Thus, the system equation will change into several nonlinear
static equations and the variables to be decided are ϕ , θ , θ1,
θM , θT ,a1s,b1s. Some searching algorithm, such as trim function
in Matlab, can be directly used to obtain the trim point. The
result is listed out in Table2 with RF-MJM system parameters
as Table1. Here, in order to evaluate the influence of the mass
of the manipulator on the whole system, we compute the trim
point with the different manipulator mass. With the trim point,
we can get a linearized system model with the following form;

∆Ẋ = A∆X +B∆u

where
∆X =

[
∆x ∆y ∆z ∆ϕ ∆θ ∆φ ∆θ1 ∆ẋ ∆ẏ ∆ż ∆ϕ̇ ∆θ̇ ∆φ̇ ∆θ̇1

]

A =


01 E 01 01 02 02
Ā1 Ā2 Ā3 Ā4 Ā5 Ā6
01 01 01 E 02 02
Ā7 Ā8 Ā9 Ā10 Ā11 Ā12
03 03 03 03 0 1
Ā13 Ā14 Ā15 Ā16 Ā17 Ā18

 (19)

B =
[

05×3 B̄T
1 05×3 B̄T

2 05×1 B̄T
3
]T (20)

01 is an 3-by-3 matrix of zeros,02 is an 3-by-1 matrix of
zeros,03 is an 1-by-3 matrix of zeros.

Furthermore , in order to analyze the performance of system
(19), the eigenvalues of a matrix are given out in Fig.3 From it
, we have the following results.
1)The whole system is static-instable since it has positive
eigenvalue.
2)With the increasing of the manipulator mass, the distribution
of the eigenvalues will be more diverging. The real part of
eigenvalue deviates from the imaginary axis, at the same time
the imaginary part of eigenvalue deviates from the real axis.
Finally, in order to evaluate the coupling between the RFR and
the manipulator, the coupling terms Ā5,Ā11,Ā15,Ā17are heavy
which will be shown in section 4.

Table 1. Parameters of RF-MJM system

parameter describe unit

m0=9.5 the mass of rotor flying robot(RFR) kg
m1=2.5 the mass of manipulator kg
I0xx =0.1634 moment of inertia of RFR kgm2

I0yy =0.5782 moment of inertia of RFR kgm2

I0zz =0.6306 moment of inertia of RFR kgm2

I1xx =0.1399 moment of inertia of manipulator kgm2

I1yy =0.1399 moment of inertia of manipulator kgm2

I1zz =0.00112 moment of inertia of manipulator kgm2

l0=0.3 the length from the centroid of RFR
l1=0.4 the length of half of the first link m
ϕ=0.0769 roll angle rad
θ=0.0211 pitch angle rad
ψ=any value yaw angle rad
θ1=0.0211 joint movement angle rad

Table 2. trim points corresponding different mass
of manipulator

trim point m1=2.5 m1=2 m1=1.5 m1=1 m1=0.5
ϕ 0.0769 0.0732 0.0697 0.0662 0.0626
θ 0.0211 0.0204 0.0197 0.0190 0.0183
θ1 0.0211 0.0205 0.0198 0.0191 0.0183
θM 0.0436 0.0409 0.0381 0.0354 0.0326
θT -0.1282 -0.1245 -0.1207 -0.1169 -0.1130
a1s 0.0211 0.0204 0.0197 0.0190 0.0183
b1s 0.0195 0.0169 0.0145 0.0123 0.0103

−8 −6 −4 −2 0 2 4 6 8
−1.5

−1

−0.5

0

0.5

1

1.5

real

im
ag

 

 
m1=2.5
m1=2
m1=1.5
m1=1
m1=0.5

Fig. 3. eigenvalues changing of open-loop RF-MJM system
with different mass of manipulator

3.2 LQR controller design

Next, we will design a full state-feedback Linear Quadratic
Regulation(LQR) controller for the RFM system. In the state-
feedback version of the LQR problem (Hespanha (2007)), we
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assume that the whole state x can be measured and therefore it
is available for control. Solution to the optimal state-feedback
LQR Problem is defined more generally and consists of finding
the controller variable u(t) =−K ∗ x(t) that minimizes

JLQR :=
∫ ∞

0
(xT Qx+uT Ru)dt (21)

where K is given by K = R−1BT P and P is found by solving
the continuous time algebraic Riccati equation.

AT P+PA−PBR−1BT P+Q = 0

so we can easily get the eigenvalues of the open loop system
and the closed loop system by the matrix A and (A−B ∗K) ,
respectively.

4. SIMULATION

In this section, two simulations are conducted to test the control
performance of the RF-MJM .
A. LQR control
In this simulation, an LQR controller is designed to stablize
the RF-MJM system near trim point given in the last section.
Firstly, assuming the manipulator mass is m1=2.5kg, thus the
system matrix can be denoted as follows,

A =


01 E 01 01 02 02
01 01 Ā3 01 Ā5 02
01 01 01 E 02 02
01 01 Ā9 01 Ā11 02
03 03 03 03 0 1
03 03 Ā15 03 Ā17 0


B =

[
04 B̄T

1 04 B̄T
2 05 B̄T

3
]

where

Ā3 =

[
0.0015 9.7636 0.9945
−9.8000 −0.0005 0.2102
0.0001 0.0005 0.0014

]
; Ā5 =

[
3.5861
−0.0077
0.0310

]
;

Ā9 =

[
−0.0087 −0.0083 0.1834
−0.0130 0.0255 −0.8587
−0.2013 −0.2456 −0.0635

]
; Ā11 =

[
−0.0547
−24.4857
−0.8988

]
;

Ā15 = [ 0.0110 −0.0924 2.6951 ] ; Ā17 = 40.1487;

B̄T
1 =


−0.5451 −7.9183 −147.7390
−1.2434 −9.3478 0.6158
−21.7522 0.4534 −0.2015
−0.5829 7.2377 −0.7650
0.2990 −0.0006 0.0009

 ;

B̄T
2 =


16.7653 −2.5282 168.3611
−32.8659 14.0449 125.4196
20.9082 178.3726 4.0958

−121.2649 11.0285 −0.2925
0.0011 0.6932 −0.0534

 ;

B̄T
3 = [ −3.9371 −9.0113 −99.1817 −4.2009 3.4137 ]

from these equations ,we can see that the coupling between the
manipulator and helicopter Ā5 ,Ā11 ,Ā15 ,Ā17 is clear and heavy.
Designing Parameters of the LQR controller are as follows,

Q = diag([ 1 1 1 1 1 1 10 10 10 10 10 10 10 1 0])
R = diag([ 1000 1000 1000 1000 1000 ])

then the LQR controller is
K = [ K1 K2 K3 K4 K5 ]

K1=


0.0097 −0.0037 −0.0226
0.0119 0.0058 0.0210
−0.0232 −0.0014 0.0013
−0.0018 0.0308 −0.0066
0.0149 −0.0006 −0.0008

 ;K5=


0.6994 0.1310
0.5973 0.1125
−4.2835 −0.8102
−0.3735 −0.0691
1.1293 0.2157

 ;

K2 =


0.0200 −0.0071 −0.0291
0.0238 0.0116 0.0287
−0.0544 −0.0019 0.0031
−0.0042 0.0575 −0.0079
0.0308 −0.0013 −0.0016



K3 =


0.0502 0.1489 0.1317
−0.0816 0.1670 0.1279
0.0053 −0.4953 −0.3462
−0.3754 −0.0384 −0.0293
0.0104 0.2401 0.0991



K4 =


0.0169 0.0637 0.0751
−0.0226 0.0663 0.0827
−0.0015 −0.2717 −0.0288
−0.1208 −0.0214 −0.0058
0.0040 0.1085 0.0073


the simulation results are given out as Fig.4-Fig.7. From these
figures,it can be seen that a linear LQR controller can stablize
the whole system near the trim point,but here we use the joint
torque of the manipulator as one of the control inputs. However,
the stabilizing region of LQR is very limited, we have tested
that only when the attitude of the whole system satisfied the
following conditions, the LQR control can stabilize the RF-
MJM system in the steady state.

−0.0619 ≤ θ1 ≤ 0.0611 (22)

−0.6731 ≤ ϕ ≤ 0.5469 (23)

−0.1389 ≤ θ ≤ 0.3911 (24)
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Fig. 4. roll, pitch, yaw angle changing under control of LQR
controller

0 2 4 6 8 10
−0.1

−0.05

0

0.05

0.1

0.15

0.2

0.25

0.3

 

 
north
east
height

Fig. 5. position of rotor flying robot changing under control of
LQR controller

B.Disturbance performance
In this simulation, a periodic sinusoid signal is added to the
joint of the manipulator, as a disturbance to test the influence on
the closed system. Two tests are conducted with two different
disturbance: 0.01 ∗ sin(π ∗ 0.1 ∗ t) and 0.01 ∗ sin(π ∗ 0.5 ∗ t).
The results are shown in Fig.8-Fig.10.From these figures, we
can see that the LQR controller can attenuate some disturbances
with small magnitude and frequency.
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Fig. 6. angle and angle velocity of manipulator under control of
LQR controller
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Fig. 7. control input changing under control of LQR controller
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Fig. 8. roll, pitch, yaw angle changing under two kinds of
control torque of the manipulator
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Fig. 9. angle and angle velocity of manipulator under two kinds
of control torque of the manipulator

5. CONCLUSIONS

In this paper, the dynamic model of a Rotor-Flying Multi-
Joint(RF-MJM)system, which is composed of a rotor-flying ve-
hicle and a multi-joint manipulator, is constructed through us-
ing Euler-Lagrange method. By comparison to the rotor flying
vehicle system, the nonlinearities and complexity increasing
of the new RF-MJM can be clearly observed. Subsequently,
linearizational analysis is conducted with respect to this model,
the trim points with different manipulator mass are obtained
to show the influence of the manipulator mass on the system’s
local performance, a LQR controller is designed by taking both
the joint torque of the manipulator and the input of the RFR sys-
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Fig. 10. control input changing under two kinds of control
torque of the manipulator

tem as input. Finally, simulations are conducted and the results
show that 1) a linear LQR controller can stablize the system
near hovering state, but it’s stabilization region is not large
enough; 2)the linear LQR controller is sensitive to the external
disturbance. In future works, nonlinear control method will be
used to overcome the disadvantages of the linear controller.
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